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Inclusion Relations and Indicial Derivative







) 1 ( $[8|$ )
, , ,
[3] ‘ unimodular unimodular
$M\supset N$





$P_{1}(M,N)=$ {$E\in P(M,N);\sigma_{t}^{E}=id$ on $N’\cap M$}
$E_{1}(M,N)=E(M,N)\cap P_{1}(M,N)$
$M$ $N$ $R(M, N)$
(1) $e\in N’\cap M$ $P(M_{e}, N_{e})=\emptyset$
$P(N_{e}’, M_{e}’)=\emptyset$
(2) $e\in Z(N’\cap M)$ $P_{1}(M_{e}, N_{e})=\emptyset$
$P_{1}(N_{e}’, M_{e}’)=\emptyset$
(3) $P(M, N)\neq\emptyset\circ$ $P(N’, M’)\neq\emptyset$





(7) $P_{1}(M, N)\ni E$ $E^{c}=E|_{N’\cap M}$
(7’) $P_{1}(N’, M’)\ni E$ $E^{C}=E|_{N’\cap M}$
(8) $P_{1}(M, N)\ni E$ $E^{c}=\infty\cdot 1_{N’\cap M}$





$M\supset N$ $R(M, N)$





PimSner-Popa $H_{\tau}(M|N)$ $R(M, N)$
$M$ $E_{1}(N’\cap M)\ni\tau$
$K_{\tau}(M|N)=\tau(1ogI_{\tau}(M|N))$ $R(M, N)$
(c) Herman-Ocneanu [2] \supset (6)
$R(M, N)$ (6’) $R(M, N)$
(d) $=$ $=$ (6) (6’)
(e) (4) (4) $(\iota z)$ (7) (7’)
$(\cdot j$ $)$ (6) $(6’)$
(f) (1),(2) $,(8),(8’)$
(i) $=$ (7’) $=$ (7)
(ii) \Rightarrow $\Rightarrow$
(iii) ( (e) $(z^{\text{ }})$ )
$M\supset N$ $Z(N’\cap M)$ $e$ $R(M_{e}, N_{e})$
: $R(M_{1-e}, N_{1-e})$ : ( (8) (8’) )
Y [ indicial derivative
$M\supset N$
$N’\cap M$ I $N’\cap M$ $\tau$ $\tau$
$M$ $N$ unimodular $E$
$E$ Haagerup $\backslash E^{-1}k$ standard /\llcorner ‘‘ $E’$ \supset indicial
derivative $I_{\tau}^{E}(M|N)=dE^{-1}/dE’$ $Z(N’\cap M)$ affiliate
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(iv) indexE $=E’(I_{\tau}^{E}(M|N))$ .







$M\supset N$ $R(M, N)$ $N’\cap M$
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